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Lipsitz functions

Definitions : i ) A function f : A E IR
"
-i Rm is Lipschitz (continuous)

-

if 7L > O s't

Ifa , - fly ) I ⇐ Lix - yl Fk
, y
EA

ii) The smallest such L is the Lipschitz constant of f

Lip Cfl = sup I ' '
: x.YER

"

,
x # y }

1 A function f : A Clan - Rm is locally Lipschutz
( continuous I f for each K CA compact Fck 20 st

Ifcxl - fly) l E Cu Ix - yl V-x.ge K

Examples . ① f : B- → IR d ( diff t deriv -
continuous

-

Iflxl - fly 11 E H' B) I Ix - yl S C- seg ix. y]

② f :B
"
- R fcxl = 11×11 f. R -.ir#fCxt=txl



theorem : ( t ) Let f : IR" → IRM Lipschitz
,

A CIR
"
OES Las then

Jls ( feat ) e (Lip f )
'

N' CA )

( ti ) suppose n > k f P : IR " → IRK denotes the orthogonal
projection of Rh onto IR

"
then for A CHI OES Los

offs ( PCA ) ) E NS CA )

PI : Lii ) from Lil IRN - People in - yl ?
Lip P = I atpphy Ci ) r pox, peg)

(is diam f- Cc ) e Lpf (diam c ) *

as ←

A C Uci diam Ci E d f-CA ) C Ufccil
as

ie

NS CHA ) ) E Z
,

Lcs ) (diazmfccit )
'

(Lipfld ie

int Kil-~

Elhipfls II. Lcs ) @÷uciJ



theorem : (Extension of Lipschitz mappings )
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Ques : ① How do you compute the length of a C
'
curve ?

② Now do you compute the area of a c
'
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③ What does integration using sphericalcoordinatestell us ?

④ why am I asking these questions ?


